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In [1] is given the theorems of characterization of Chebyshevian
sets in a metric space. The present note is a completation of the paper
[17.

Let X be a metric space with the metric d, let ¥ be a nonvoid
subset of X such that x, « ¥, where %o is an fixed element in X. TLet
LipoX be the space of all real Lipschitz functions, defined on X, endo-
wed with the Lipschitz norm || Il [1].

The set YV is called semi-Chebyshevian if for every x e« X\ Y there
exists at most an element y, = Y such that

) Az, yo) = int {d(%, 3): y < Y} = d(x, V).

An element y, < Y for that (1) holds is called an element of best approxi-
mation of x, by clements of Y.

THEOREM. If Y is a nonvoid subset of the metric space X such (hat
Xy e Y, then the following two asertions are equivalent ;

1°Y 4s semi-Chebyshevian

2° There does not exist felipX, % € X and y,, v, e Y, Y17 ¥y
such that

a) || fllx =1,
0) fly =0,

¢) f(%) = d(x,, v,) = A(%y, ¥q). . )

Proof. Tet us suppose that there exists f e LipyX, there exist x, e X
and 9, ¥, @ Y, 3% y, such that the conditions a), b), ¢) hold. Then

flx) = d(xy, 31) = flx) — flyy) = 1f(%) — fly2)l,
S(x1) = d(x,, ¥a) = f(%) —f(ye) = If(21) — ().
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and by Theorem 4 in [1] it follows that the elements y,, y, are two
distinct elements of the best approximation for x,. Consequently, Y is
not semi-Chebyshevian.

If Y is not semi-Chebyshevian, then there exists an element x; = X
and the elements y;, ¥, € Y, y1# ¥, such that

d(xy, 1) = d(%y, ¥2) = d(#y, Y).
Then, the function f(x) =d(», V), x e X is in Lip,X and verifies the

condition a), b), ¢). It follows that the asertion 2° is not fulfilled. The
theorem is proved.
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