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or equivalerrtly

Yk(xo)Yz : O

(3.2) Vgr.(øo)z < 0

yf(f)z <0
is inconsistent.

Assume tL:at xo is not Pareto minimal for / on O. Then there is
Ì e {L such that

/(ø=) < l('c,), f(r) + l(x,),
h(tt) : 0,

i.e. 
(t) < o'

Í('v) -"f(zo) < o,f(*) -f@o) +0,
3.3) k(*) - h(xo) : Q,

gr"(x)-gr,(øo) (0.
From the weak strictly pseudo couvexity of f, quasiconvexity oI g

ancl affinity o1 h,, from (3.3) we obtain

vf@,)(* -_øo) ( 0

(3.4) y/t(xo)(x - xo) :0
Vgr,(øo)(r-'o) (0.

For z : ñ - ø0, system (3.4) shorvs that (3.2) is consistent, i.e. a
contradiction. 'Iherefore, øo is Parelo minimal for / on O.
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l. Infroduction. For ø > 0 we denote by I [0, al iJne space of l,ebes-
gue summable functions on 10, øl and by L*10, øl the subset of non-
negative functions in Ll0, ø).

I,et g be a real-valued lunction defined on [0, ø], which satisfies
the follor¡Ãng conditions : (i) g is continuous on [0, a), (ä) g is continuously
differentiablè on [0, ø1, (äi) g(0) :0 and (ív) g'(x) > 0 for all x e 10, ø).
Suclr a function will be called a ue'igldt-funct'ion.

fi. f = Llj, a),.,ve define lhe weight-mea.n of I (of weight g), as the
fnnction F : ArU) given by

(1) F(*):f (ftrte'(t)d.t, ror x el0, ø1, anð.F(0) :/(0).
g(x" 

o

'Ûlae zaei,ght-111,eavt of order n of f is defined by F,: ArU): Ai(F,-t),
Fr.= ¡;. 'l'he main result of this paper states that if f = L+[0, ø] and
/ is continuous and. strictly increasing on a neighborhood of the origin, 

-
then .F., is increasing on lO, øl for sufficiently large ø. Some particular -

cases afe considered..

2. P¡eliminaires. the operatot Ar: Ll}, øl + llto'al d.efiued. by (1)
is linear, positive and Arl): 1, i.e., it is au auerøging oþerøtor, In the
particular case g(ø) : x, Ae : A is the well-known Cesàro operator. If
g(x) : Kr, \ ) 0, the operator -4r, denoted by A., is the so called genera-
lizerl Cesàro operator.

Since the weight-function g is strictly increasing on [0, ø], we can
define the function g: [0, ø] x [0, 1] *R, by

(2) ;j "l e@, u): g-llu7@)f, * = 10, al, u e 10, rl.

I. MARUçCIAC 6
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It is easy to check the follorving properties of this function.
(Ð 0<q(r, w) 4x, for all xel0,alar.duelO, ll; ":''i
(ii) q(.,u) is continuous and strictly increasing on [0, ø1, for all

ue 10, ll;
(iii) 9 @.,) is continuous and strictly increasing on t0 1], for all

x = 10, øl;
(ir') p(0, tt) : g, u e 10, 1l and q(x, 0) :0, x e 10, a);
(") çlç@, u), u): e(x, ua), for a77 x e 10, øl ar'ð. u, u e [0, 1].

Making the substitution I : q(x, u) in (1) we obtain

(3) þ(*):irrr,., u))d,u, x = fo, al.

We note that the image by A, of a function in Ll0, al is not nece-
ssarily in Z [0, a]. In the case g(x) : x a simple counter example is
given in [2]. We also remark that -lì is r'ç'e11-defined even in the case

fg' = LlÙ, ø1.

I1 lg' = Ll0, al tlne function F : A (/) is absolutely continuous on
, al and differentiable a.e. on 10, ø1. Moreover if / is continuous at

,f(0*) :/(0), then from (3) it follows that F is continuous at 0,
F is summable on 10, al.

pRoposrTrow 1. f/ is 'increøsing on 10, øf , then F : ArU) is increasing
't?, 10. ø1. Moreoaer, 'if f is continuous ønd str'ictly inreøs'ing on 10, af,

then F is cotot,inuous and strictly increasing on 10, ø1.

Proof. Let 0 ( ør < .r2 < ø. IT f is incrcasing, frorn (3) we de-
duce

F (*,) :\ ,rr4,, u)ldu <\ rrr4,, u)ld,u : F(*,)

is continuous and strictly on 10, øf, then the above inequality is

pRoposrTrov2. If Í = LL}, øl and. f(0+):Í(0), thcn F : Ar(f) is
'increasing on 10, øl i,f anrl onllt if
(4) -F<¿ a.e.[O,ø].
Moreoaer if f is contínuous on 10, øf then F: A (f) is incrcøs'ing (strictly
increøsing) on 10, a) i.f ønd. only if -F' </ on 10, a.l, (F 1f on 10, a)).

P r o o f. The function / is differentiable a.e. on 10, øl anð.

(5) F'(x):gPV@) -F(x)1, a.e. on 10, al.
cpr)

If F is rncreasinq then F'(x) 2 0 a.e. on 10, a) ar'd flom (5) we deduce
(4).

2 D() MoNoToNY oF WEIGHT-MEANS I1T

Suppose that (4) holds and let 0 (, xt 1 xz ( ø. Since F is absolutely

continuous on lxr, xr) we get F(xr) - F(xr) : F'1t)dt > 0, hence ,F

is increasing on [0, ø]. Since"f(0*) :/(0), from (3) we getF(O+) :/(0) :
: F(0) and rve deduce Lhat F is increasing on 10, ø1.

If / is continuous on t0, af, then F is differentiable on 10, øl
àiìd (5) holds for all x e 10, crl. 'lhe second. part of Proposition 2 irn-
rnediately follows.

In the case g(r) : .f solne behavior properties of the Cesàro means
hal'e been examined in [l], [2] and [3].

3. Weight-rncâns oÌ higher order. I'et f e Ll), ø) and. let Fr: Ar(f).
Inductively rve define flne aeight-meøn of order n of / on [0, al by
F,,:Ar(Fn-r), prov-ided, of course, tl:'al F,-, is summable on [0, ø].

Def inition. The function -f =L10, øl is iu the class M*10, ql
provided / possesses weight-means of all orders on [0, ø].

We note that if f = L9, øl and f is continuous at 0, i.e., /(0+) ::,f(0), then / e Mrl\, ø).
Ilf = Mrl}, alandn> l, thenF, : ArU) is differentiable on 10, ø)

and- we harte

Fi,(x) :491o--r(x) - F,(x)1, for all x e 10, af,
cVr)

rvhichl"shows that F is continuously differentiable on 10, øf.
We shall use the following integral representation of the weight-

mearls of higher order, rvhich generalizes that gven in [2] for the case

8@) : x'
PRoPosrTroN 3. ff f = Mtlï, øf, then

(6) llç@, u))h,,(w)d.u, x e 10, ø1, n :1, 2,

akere g is giuen by (2) and

tt,,(tt):f{f (n u)" t.

P r o o f. For n : I one obtains formula (3). By induction we have

trx

I

t0
0, 1.e .,
hence

r1 Í
strict

F"(x) :

Fn+t u)ld,u : du Ílqk@, u), u)h,"(u)d.a :

: \0" \ffç@, ua)lÞ,,(a)d.a : \ du ttç@, yth^ l+l+:

: 
ir^rro,
0

i
)

00
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Ítç@, v)t¿v \ u^li;)+ : L-;t\rw{*, v)t(tnv)"d,1, : and strictly increasing on a neighborhood of the origin, then F- : A!( f\
is increasing on 19, ol, for sufficiently large n. More precisery"we häiá
the follou'ing result

TrrEoRÊÌt 2. Let I = L*10, al and' s kere exists afi, e e-to -t
such that f is continwous ønd slrictly incre [0, .]. Then the ;r;;E;;_
rngan of order n of Í, F,: A'!(l), is in on 10, al for all n 7 no,

-uhere

(7) no: n6(e, e) : | ¡ ln ç1t¡,

(B) M : FrG), ,, :,r!J1ulFr(x) _ F,(x)l

s : tl"l , er : ç(r, s).
e@)

_ Pr.o9f. By Proposition^ I we deduce that Fr: ArU) is continuous
and strictly increasing on 10, "l and proposition-z snéri'é trrat

Í(x) - Fr(x) 2 0, for all x e)0, e[.

By induction we get

(9) .F."-t(ø) - F,(x) ) 0, for all x e 10, "] anð. n:1,2,... (Fo:,f).
Since for n > ! the functþn .Ç is continuous on 10, ø], by using

Proposition 2, we deduce thatF* is increasing on [0, ø\'it lna'only iï
(10) F"_r(x) - F^(*) Þ 0, lor a| x ell,al.
.. By noting- (9) we see that it suffices to show that (r0) holds forall n > no, and. all x e le, a.l.

Lel x e fe, ø1. From (6) we deduce

(1 t)

Since

F"-'(x) - F*(x) : Ílç@, u)llh"-1(u) - h,(u)ld,u

h,"-,,(u) - h"(u) : h,-r(u)

formula (11) can be written as follows
l'.*11

1,12) F*-{,x) - F,,(*):\Ílvl*, u)lh,a(ot)ft + lala-.

Let 8: 8(e) : g(")lg(ø), i.e., 9(ø,8) : r. We have

(13) % ele, øl,u e[0, 8]+0 { 9@, u) <e.

t

: \ / lq@, u)1h,,11 (u)d.u.

¿

ppoposrT roN 4. l2l. Th'e þ'ern'el hn, n : l, 2,

þroþertíes
(i) h,,(u) > 0, n : 7, 2,. . .

has tke folloaing

(ii h,,(u)d.u : l, n : l, 2,.. .

(iii) lim h',,(u) : g. The coitaergence rs un'iform on eaery interual
fl+æ

[t, 1], e>0.
(iv) h,(u,) is nonincreasing on 10, l[ for cach, n.

THEoREIVT l. If f = Mrl}, øf and f(0+) cxists and' is fin'ite, then the

sequence F,: AiU) conaerges uniformel'y to f (0+) on 10, ø1.

Proof. I,et x el0, øl and. e)0. We choose à>0 such that
O < u ( I +lÍlç@, u)l -"f(0*)l < ".From (6) and Proposition 4 we deduce

lF"(*)-/(0*) l< lÍlq@, u)l - /(0*) I h,,(u)d'u 4

)l

h.(u)d.u + É,,(ò) lÍlq(x, u)l - f(0+)ld.u a

lÍlq@, u,)l - f (0+) ld'u.

Sio"" ,1T 
å,,(8) : 0 and the last integral is bounded, as a function of

x, there exists an n¡(e), independent of x, such that

x = 10, af, n> no?lF"(*) -/(0+) I < 2e

and Theorem 1 follows.
For g(ø) : ø Theorem 1 was proved in l2l.
4. Inereasing weight-means of higher order. We shall show that if

the nonnegative function f is summable on 10, af and it is continuous

ô

f( e f Ë,(8)

ô
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\Ã/'e shall write (11) in the form
and

,rr: ilrin {F'lç(*, 8)l - Frlpir, t)l} - rnìn [Fr(ø) -tr.r(¡)!.¡e fz, øJ rt lzy c)

whe¡e er : g(e, à), i.e., g(er) : 8g(u).

Since F, ,is continuous, from (9) we obtain m > 0. We also have M p
> t/t"

From (17) and (18) we deduce

I

(14) F,-'(x) - F^(x) :
0

flç@,u)llh,-{x) - k"(u)ldu *

+
ô

flq@, u)llh,,a(u) - h',,(u)ldu'

On the other hand we have
\llot*, u)llh.-{w) - h,(u))d'w > ¡¿"-,(s)[ M.rfi,__lî_

n-l ô

(15)

and

(16)

flq@, u)d'u : u Ílç@, ut)ld,t: uFtlg(x, u)7
Ilence the first integral in (14) is nonnegative if n > I * Ln
the other hand, from (12) we obtain

I
I On

hL(u):-)u,,(").

Integrating by parts, and using (15) and (16), we obtain

I

\Íln{*, u)llh,-lu) - tr,,(u)ld.u :\Ífr{*, u)lh,-{u)[t * ,s]0" ,
ôô

[t - ,:., !+]ifl*r,, u)th,-1(u)d,u,
I

which shows that the second integral in (14) is nonnegative if n 2 | *
f 1n(l/8). Since M > rn we deduce that the inequality (10) holds, that
is, F" is increasing, for all n >- no, wheÍe no is given bv Q). This com-
pletes the proof of Theorem 2.

R e m a r k s. l) In ltheor.eyt 2. condition no f to be strictly increasing
on a neighborhood'of the origin is essential. Tirus, if we taÉe g@) : i,
i.e.,

ô

llç@, u))h,(u)d'u: ôÞ"(8)F1[e(r, 8)] + Frlg@, u)lh"-r(u)du,

0

hence
ô

flq@, u)llh"-{u) - h"(u)fd'u:
(r7) 0

: 
i/t*{r, tùl - F'iqw, u)lh*a(u)d'?/ + 

=+ 
Þ,-1(8)F1[ç(ø' 8)]'

From (9), by using (13), we d.educe

llq@, xr)l-Frlg@, u))> 0, for all x e le, af anð' ø elO' 8l

Since É,-1(ø) is nonincreasing, using (15), we get

F(x) : )í¡V¡", x elo, ø1, F(0): "f(0), ø > l

and consider the function

o l@): {1, x e 10, 1l

0, x ell, øf,(18) I
0

llq@, u)l - Frlq@, u)lÞ.,,-t(w)du >

then
> 8å,-,(8){Frle(x, Ð)l - Frle(ø, 8)l}

L, xel0, ll
Let F,(x) : 1s,-r(ln x), x ef l, ø1,

M : rîãx Frlq@, 8)] : -"* Ft(ø) : Ft(e)
¡e fe, øf te leú ef

B - Mallrenatica -- Revue d'analyse nunrérique et de théorie de I'approximation, tome ll, Dr. l-2119A2
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where

Êot x e ll, ø1, we have

CONSTANTA MOCANU

which shows Lhat F, is decreasing lat all n.
2) ff Í is boundéd below on [0, -a'1. 

the-requirement of being. n91-
negatíve óan be removed. by considering the sum of / with a suitably
chosen constant.

coRoLr,ARY 7. Let Í = L*10, øf and øssume tkere exists an e =)0,o)
suck tha.t f(x) : lg@)l^, À > 0, for x e 10, el. Then F,: Aiff)' ís itt'-
creasing on 10, al for all' n 2 no, ukere

(1e) tt's:'n¡(e, ø):r+f+*t"*, 8: #
p r o o f. The function gr, tr > 0, is strictly increasing and lor tt e

e [0, e] we have

F,(x) :;f s^(r¡, F,(x):¡|ç e^@).

From (8) we deduce

M :--L, BÀ(") and m: aiogÀ(.,) 
: -åt ò^gÀ(.),

hence

#-#)*' ò: d')-

and (7) becomes (19). Corollary 1 follows immediately from Theorem 2.

coRoLLAR]¿ 2. Let f = L*[0, o] and a.ssume th'ere exists an ? 
=10, 

ol
such tkøt S;le' it increãsing on )0, el ønd' l(x): x I g(x)lg'(x), lot x e
e 10, el, /(0) : 0. Then F,,: Ai(il òs incrcøsing on 10, a) for all' n ) no,

uhere

(20)
no:.40(e, ø): | * -+L-t" #, s(,,) :#

g MoNo.ToñY. oF:u¡ÈiGr,tT-MEANS L23

By the mean-value theorem of Cairchlz.¡ tliere exists a,e .e ]0,,,ø[,5¡q¡that h(x) : e(l)ly'G), Since glg' is.increasing, we deduce

(21).r h(*)<T!ì,,,1g1 x=lorcl . ,:
On the gllqf 1rä{ra we have ' . , ,

h'(x) : r'- "s'!^'L,,,,¡, 1r1 i :

sU)

,and from. (21) we^ obtain h'(*) > 0 for i e 10, el, which shor,r,s that h.is increasing 9n ] 0, . ].
thereÍore in (B) we have IVI ' Fr(e),: e anð..: yt. == þ,(er) :

,E¡ ..

: 
?; \sØat, where g(.r) : ùg(u) i1") llence (7) bccorr;t,s (20) and

o s@)

Corollary 2 follows from 'Iheorem 2.,

5. Some particular cases. 1". I,et g(x) : x\, i > A. In this case

t : (;1" and' (19) becornes

(22) tt,s : ?rs(e, a) : 1 + + ;rLt" + 
: I -j- rf# (Íl^'ri ;,

For y : 1, we have

(23) 't' '' 
rll I r 1'[g: ¡

ff we take in (23) ^l
^.: , rve obtaln

2

For 8 : i." get no: 3,g4 and from Corollary I we decluce that

if f e L*10, øf and, f(*):nfi, tor * =[0,, i 
trr"" A"(Í), i.e., the Cesàro

nrean of order tt, of / is increasing on [0, al, for all n > 4.

For 8:3 we get no:2,48.., and from Corollary I we ded.uce

that if 
^.f =-L*10, ?l- a.nd f (x): Ji, for x e= 10, 2alTl ihe' the Cesàro

mean of order n, of /, is inêreasing'on [0, al foi'all n > B.
For I :314 we get n,o:7,99... and from Corollarþ I we deduce

that if ! =-L*10, !) 7nð, f(x):Jr, f.or x e l0, Jøl4l then the Cesàro
mean of 'order n of f, is inôreasing on [0, q) ioi all'n > 2.

B

s"(y) :1+l+.

FL(x) = - (11')'-' < o
(n - l) lxz

+!:' n!

\E

a,

0n,
.t
_tn -à

3-/:
Vô

1

s@) e(t) dt

P r o o f. The function / is strictly iucreasing, o11 [9, e]._It i_s eas¡.

to show that Fr(x) : x for x e- 10, e]' If we let h': Ft - Ft' then

h(x) : * - L=(,*',,, dt: -l;-.íeþlat, tor t; =10, "leø) ) '" ¿(*)'1""
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If we takc in (23) À : l, we obtain

10

For 8: l/2, 8:2l3a:rd S:3/4weobtairrrespectivelv no:3,77 . '.,
no:2,21 . . . 

'and no - 1,76. . . ancl the above couclusions remain valid
if"on tlre intcrvals 10, al2l, lO,2al3l, l0,Sal4l respcctivelv we take l(x):x.

If 1 : ll2 and' À : 1 fuorr^ (22) we obtaiu

rûo I l- -Jl- ln 1

For ò : ll2 we have no : 1,98. . . and from Corollary 1 we deduce

that if f e L110, ø) anð, f (x) : nli, lor x = 10, ø121, then A?¡,(.f), i.".,
ifr" g""Ët"tized. Cesàrb mean of order n of /, with y:712, is increasing on

I0, ¿1, for all n )- 2.

2o. Let s@): xll +- x), x e 10, al'rn this case (19) becomes

no : %oG, o) - t -*- ^ T 
t 
lÍ r^ {H)^ r" 41-t- "r .

I1 À:1 and øle:2, fto¡¡^ corollary_ 1 we deduce that iÌ f e L+10, 
-øl

anð, f(x) : xl\ ! x) lor x e 10, ø121, then the weight - mean of order

%, Fu:Ai(f), with g(ø) - xl$ * r) is increasing on 10, a) lor n 2l ¡
+ 21" + 216 " t-3

[øl ll a I I

3o. I,et S@l -: sinx, x <= 10, ø], ø 4 nl'Z. In this case rve have

11 MONOTONY OF Wtr'IGH'I'-MEANS
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corollary-1, then equation (lg) deterniines s. \\re thus obtain the Îollo_
rving result.

T'HEOREM 3. Lct tno Þ 2 and ), ) 0 be giuen If f e= L+|O, al øndf(x):
=; Le@)J^.for x e [0, e], with e 2 e¡: gþq to), whcre go is ilte ro,oi ofthe equation

(24) (no- l)À8À+ (Àf l)lnÐ:0,
tlt'en F,,: A';(Í) is increøsittg for all n ) n,o.

To illustrate Theorcm 3 lvc consider ouly the case tuo :2, 7. : l
and. give some sirnple examples. rn.this case equatiort (24) b"e"orrr"s

8+2ln8:0
and we get Ðo : 0,70346 . . .

lo. ff g-(x) :-xr, ^!^) 0, we ob.ain eo: 8å/ta. For .( : ll2 we obtain
êo : hd, where å : 83 : 0,49866 ...
^ .. 2o. If g@): l^n (l f .r), then eo: (l * ¿)s" - I and we have thefollowing values of ao for certain valuês of a :

5 6

eo 0,62ß . 1,165 ... 1,651 . . 2,102 2,526 2,930. . .

3o. I1 g(x) : x I o.xz, e. ) 0, we have g(x, u) :2ux(l I
* a.x)l( 1+ I I ax) f l), hence

2òoa(l f

2

g(t)d.t:1-cose':

ln
ô

sina e

sinza V

om 1

silta e

sin2ø

eo 
-I -t- l-l 4a -f cø) l- I

and (20) becomes
/

no : '/t'¡(e, a) := l -t ::1'-1 
{ f +

Sl11'€ !

11 ø -, nlZ, we l¡'ave

Pultin_g êo: hÇt, we remark that g" () 0. In our particular case (", : i,' ¡
< 0,83872

./¡.
we

_ _n_";tj.^e!:): sin r, ? 
= 

lo, yl2J, then eo: arcsin(gosin ø) For ø:
i^:.T.!: Y: q9t eo : ârcsin 8o :0,78026 ... . Since ", ài¡l:'0,785 ...,ln tols partrcular case Theorem 3 yierds the fordwing'result': rr Í ¿e L+10, nl21 and Í(x).: sinø for x 

= 
10, æf41, then O,: nî(fl, -ittg(x) : sin i, -is 

inci.ì"Áiog 
-;;-- 

[q^ ip1 to, al n >- 2.
5o. ff g@) : sh .r, we have g(x, u) : lnlu sh x +41 + ur-ññ hence

eo:lnfÐosh ø + /fllr¡¿, : ,o(o). 'We remark that lim fa - eo@)):: ln(llì): 0,35173 . *-
6'. If g(x): xl\ + ø), we have g(x, u): uxltl + (l _ u)xl, hence

(25) en : eo(ø) : àoa/il + (t - 8o)ol.

and a.7
. <å<"

Þ<
- r)

for all a>0
have 0,70346 .

- sina eI -_ si¡2¿

. s;in aIn_
5111 €

no:ti- *,;(r I /r-ìi"A)m*
For e : 0,79 we get no: 1,997 . . . and from Corollary 2 we deduce that
iÎ f eL*10,'"121 and.f(x)--x!-tgx, for x el0, el with eÞ0,79,
then F,,: A'Jff), with þ(x): sin r, is increasing on 10, nl2) for all n > 2.

6. Inercasing rveight-means of a given o1der. I1 no is givel. and we
require {, to be incréasing lot n 2 rt',, provided / satisfies conditions of

43,I
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,o@) 1n
l -f Sotha

ri irJ:.ii.ir. 'r ,e¡
2,ii I ,j 

'80for
tlt a;ì . i'r

and we obtain the foliolving certain vahles of ¿¿

a 1
.t

rl);: 'l¡:!4' ,'r ii.t Þ :

E0 0,598 0,885. . . ;¡ ¡p^867 0,873 0,874

: ::i 8'. If 1:g(r) : arctg,.Í,:-.\.ve

(27) eo : so(
h4\,Çr.:.¡,'i . ',r ¡ .. ,
ø) : tg(àuardtg a). ':'¡

and we obtaiïTì the follOwing vhlues 'of r á o 
:f or

: :1, ',;'i.. i- j ,li '.

, qglf¿in: i

ji I i::¡'Ì ir ìr ¡

r¡alued',ofi :¿ : 
','"

& 1 2 4 5

t'299:.'.. i,q49 i::,.;," :l'447

We remark that in cases,60, 7" a¡d B" the function g has a finite
ljmit as a".;'cn and in i(251,'P6)''tand'(17) eo(Q" goes to.a'finite limit as
A.->d), : ;,:: ;i ; ,,;., i .',,,:ì':_.-

More generally, suppose g is qontinuous on [0, co [, continuously diffe-
rentiable on 10, .o [, g(0) : 0 arid'g'(*j > 0 lor x = ], "o l. We also assume
there exists a finite limit Z' : lrin.g\x):'. :Since eo : eo(a): g@, ào) : g-t

[Sog(ø)] we deduce,the "*ist"4i{*of 
the.finite, limit., , , ..;,,:'

:.ìr, .:;' :ir(ðo) =linï ir(o) :g- (g5I); r

Theorèm 3 :we obzain the following ;result.

>t2 ønd r !:o bc gi,uen.''S tiue
o,n 10, al'for eøch'ø >'0 ønd [u,
e], -t(ùol) and'80 its tke root of løen

F,: Ai(n is increøsing on' 10, ælfor øll n ) no:
'., If, g(x):,x10 ! x), fro:m (25) .,ve obi-a.in eo(.o.) :8./(1 - 8o)andfor

n¡=2, À:Iwegeteo(oo) :2,37231 ,... :j 1 ,.r s i

I1 g(x) :'tjn x, from (26) we obtain eo('¡) i ttt if* and lorno.:2,' .2 l. òo

I.= ,1 we get eo(co) : 0,87413'I1 g(x) - arctg x, fuom (27)'wè cibtain e o(or) : tg(80æ/2) anð. lor no:
-2, À:1we get eo(oo) :1,98932 ...

0,615


