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Let E be a locally space over R and let K be a

compact convex metriia et s € C(/Ç b5- a strictly con-

vex function. If ¡.r, is a 'measure' on' K' we denote by

x* the barYcenter of ¡.r,

(1) lrøl ort¿ : h(xu)

for every affine function h = C(X), 
^nd

(2) \sÞ) 
awk) > e(xv)

for every convex function g e C(K)'
Form¡rla (1) is referred. to as the "barycenter fornr'ula"'

ii-f'¿btìii, ã L p, 1) and x, ! = I{, 7et us denote

(x, ø, y', .f) : (r - o) Í(*) + oÍ(y) - Í((1 - ø)x { øy)'

'We need the T' Popoviciu (s-e9 .ial);
t"no"it r' C-(K) luch that L(u) > 0

for antt strictlv t Íòr 
'eÛery f e C(K) there

"exist i, i =k, "(3) L(Í):¿(') - itr3
We need also:
tn*riiits)l). Ld L be ø bound'ed' lin on c(K) uith tke

,ørîñ.iä""à:r*', í + o, ,u"k thot L(e) > aex function g e
è'C6). Then L(u) 2 0 for eaery slricll'y n u e L(/rl'
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Combining Theo¡ern 1 and l,emrna I we obtain:
rr{EoREnr 2. Let L be a bound ør functionctl on c(It), L10,t!tt:,t!(t,!!q) 

= 0, for øny c,naex g ¿ 9,Ã) Tkin foì ea'ery'¡ Z'e L(1() tltere cxt,st x, y c I(, x ¡ = (0, l) such tkat (B) ií íail_tfitd.
From (2) and 'Iheorem 2 It follows:
cor{ollAr{rr t If ¡1ls a þrobøbility Rad.on tneq.s,tre on I{, then forøtryÍeC(I{) tloere exist x,yeI{, x-*y ønd, a=(0, 1) suchthat:

(4) 
\tøl avøl : t@u) + [l'ta dp(,) -,t*,)]l;ï,!,.

, q. ) reduces to (l).
ll:l naex sþøcc, K q 2o.ry,Þøc! cqn-

* tet ¡t o be ø þrobability Rødon
"n

So we have:

(B) l\tøl ar"V) - r@o)l = # | I lr'rr 
dv,þ) - l,,l'l +

+ (*, * +)llx, - xott.

Using (B), I'emma 2 anð. a Stone-Weierstrass density argument_we ean
prove Korovkin type theorems (see A. I,upaç [3] for the case E : R)'

1{EFERÐNCDS

(5) lim
t+ co \r(r) or,þ) : k(*) for øil k e 8,,

ri- I it"tt, dp,(z) : llxoll,,
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(6)

tlrcn lim llxo - xoll :0

.Proof..From (tl a1d (S) .y" deduce tlnal (x,) converges to øo in theweak topology of E. Froà' e) and. (6) it fodoffs.--'--o'

lim sup llx,ll, < lim sup
t+@ f+@

llzll2 d,p"(z) : llxoll2

Thus lim sup llx,ll < llxoll. Now the uniÍorm convexity of E implies

lly ltn^':roÏl :0.
Finally, let (8, ll.ll) be a normed. space over R; rve suppose thatthere exists u r"äl oäuÉ", , > o-.ü"L tnrt,

(7) (*, o, y; lt.llz) > cø(t - ø)llx - yll,
for any fr, ? e E anð, any & e (0, l).

Remørl¿. If (7) holds, then c i I
(7) hotds witt; : r iiä¿ àiìy r É tfiìi.

, ^r f,"t !Í'^!' ]':: xn be . . ).LcL Lr De an _Open Set, con_
Ltluous second F.réchet th.atllf"'(x)ll < M¿ for any

F¡om corollary l we obtain after some calc'lations

| \tÞ) ar-vl - f@,)l = [f llzll2d.¡t,,(z) - n*-1,)* .


