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. ri'inal_ly l,he positivity.of the coefficients øu-r, and thepiecelr.ise con_vexit¡' of Pz,^u assirre that 1S¡ holds true.
The proof of the last part of Theorem is similar.
Rent'a'rla. Based on the construction of the sequences (10), (18) (for.p :1) we obtain a d.iscrete e-approximation ót ité-t"""tìãí'p)r"'*ìi"ï

l,hat its associated poly:r_omial pþ+t,,ue_approximates g2+r,,uanclÍts cleri_
va,tive of order g J- r, P'flÌ,l-" has the Åame sign as the divicted differences.
of ordlel p of the values (2) on the d applietl before,for p :1 can be arlapted îo prove the existènce ofa piecervise cotìvex of orcler i @ > nomial.

ON SOIVID KOR,OYKIN SURSPACDS
r, RA$A

(Cluj-Napoca)

l. Let f be a cornpact Ilausd.orff space and C(I) the space of aII
:real-valued continuous lunctions on X with supremum norm and the
natulal ordering. tr'or ø in X let a" be l,he corresponding. Dirac functional
"on C(X). I'et H be a closed linear subspace of O(X)r linearly separating
'(i.e. for aIl n, y e X, æ * y t}rrere exist /, g e E such t'hat f(n)g(y) +
+ Í @)fl@)) ; suppose t}ral, E is a lattice und.er the natural orclering.

L'et M *(X) be the set of all positive R,ad.on measures on X and

L(E) : {n e X: if ¡-L e Jl{*(,f ) and ¡r(/ù) : h(æ) lor all Il, in -8,

tlren ¡r : t*\ .

We have (see [11)] :

'(1) Z(II) is a closed nonvoid set.
,(2) There exists h,.II, lt(n) > 0 for all n itt X,

l\{oreover, for any / in C(-X) the restriction / lI(-E) has a unique ex-
-bension in -E; Iet us d.enote this oxtension by Tf. Then ? is a positive
'linear operator carrying C(X) onto H, T': ? and-

'(3) {l e c(x) | rl : l) : n.
For each f e C(X) Iet R,f :f V@); then R is a positive linear

,operator from C(-X) onto C(-L(-ã)).
L'et V : C(X) --> C(X) be a positivo linear operator which satisfies

,one of the following equivalent õonditions :

(4) v"r:v
(ö) her ? s ker V

'(6) supp (e, . V) c L(H) lor all n in' X

'(?) V: A.l?, where A ß a positive linear operator carrying 0(L(E))
into C(X).

Trrøonur 7. Il L(E) is ø Gu-set, tlten tltere enists a Ju'nct'ion I in'
.C(X) suah that:
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LetE =={zeC(O) : Ar¿:0in O}
frorn C(O) into C(O) such that

l-'eb V bo a positivo linear operator

(14) supp (e" " V) - 0çt for all ø e O.

Lot 9_bc _in ¿'(9], 9,Þ 0 such 1,hat {e, e O : 9(r) : 0} : AO. Ib follorvs
fi"onr-[1, Ils. 1.6] and frorn Corollar¡i 1 1,hat'E is a Korovkin subspacefol I/.

. - E:rample_S. T'et _Ã 
:_ [0, 1] x [0,1'1, H == {tr, e C(,y) : t]relc e^rist,s

,1cc,__!, c, rl) e -Êa such thaL lr,(n, y) - àæy -l br l'cU * '¿l îor all (r, y) e
o X,,1 . fn this case

^.. . Tl(n,, a) : (1 - ru)(1 - 37) "f(0,0) -l- (1 - r) :Uf e,r) * u(r -- ,y)

/(.t,0) | ny.f (r,L).
Irct g1, .g, b_e_1,r'o ¡¡llictly conr.ex functions in C[0,1] zrnd g(nr, U) =-. et(r) * 9r(y). Then .E[p] is a I{orovtrin subspace f'oi i,(see iì,'fjJ. r.g)]
. .Let a.r. C.(X):. a., ) 0,, i.:It Z, B, 4 and I/: d(X) -_> C(X), V.f'\y,!l) 1o'9,3/-l ,/(0,0)-+ a_,!n,,!t)_"/(0, 1)'i a,(n,y) /(i,0) + ì¡á,y¡j
(1, 1). By Colollary J, ìÍ[9'l is a l(orovkin subsþace'toi V'.'

2. L'et now ,T be _a compaci, metric space, -E a linear subspace of
c(,Y) which cont¿rins the conìtanl, functio-ns and separates the^ points
'of x, ¡s the rninirnurn-stable conyex conc spannecl by 

-rr in c(x). in tgl.ancl [9-l ne have consiclered the sel, sp of a1t¡. c(X) .wiitr thb foilo.wing
property :

(15) if e,e Ì, F e M1(X), p*e,, anrl lr(s) < ¿"(s) for all s e B,

then p(./) < ¿,,(.f)

:and tho sct St of all .f e C(.Y) fol rvhich
(16) if ¡r, ve rlf ¡()t), p # v antl p(s) < v(s) for all se S, then

r,(.f) < u(/).

lrrom [9, Ploposition 5.2 | and [4, Corollary 1_] it follorvs

(17) Sp : St + Ø.

flnnonnirr 2. rJ g is^in, st, tlren ¡riçl 3g a Korouraùt, surtsltaca ¡or-oiyIattice lr,omomorph,iim,'P ¡ront ClX¡ tnto- i1X¡.
Proof. rret ¡r bc a positive rìadon rneasure on -[ antr n e x such that

rrll/[q.l_:(ez" f) lø[_eJ.Let se¡S. Then I:min (l¿r,...,å,,,) folsom.e
1rr,,....,1!_r,...4. S_inco P is a lattice homornortrlhism, we obtáin p(.ç) <( (e". P) (æ). Norv (16) shorvs that lL: cro P.

By Theorern -1.1 from [6], .tr191 is a l{olovkin subspace for -p.

,,Ilentnrlt;-2. By (15) _ancl (17), iÎ 9 is in ,Sf then Ch(IIlpl) :,Y. ,Iheo-
rem Í3 from_[3] shows that theorem 2 al¡ove holds for any lattice homo-
molplrism P : c(x) -+ JÎ, 'wherc fi' is an albitrary real Banach latl,ice.

Erampla 4.L'et' .ID lte a locally corì.vex I{¿rusdorff space ancl ,lí a cour-pilct convex metrizable subseú of -D. r,,et rr := a(x) uó tne spaco of all

(10) {r. X I p@): o} : L(E).
quence of (10). Now, usingif n: e X anrì ¡r i* * p'osìii"ã
Radon rneasrire ." Ïj À;;ù

?q ) 0 ancl
F(9 - Ie): (e,.'¡r¡ (ç - Iq): e*(Vq _ (V.I,) 9) :0.l['his s]rorvs thal;

¡" i" öixj. r'r,# öåå.û;,Y"iuf ;", 
,"to,l'y,,"Íi",; 

_T; í1îì;, #:1.{
t (/) : v(,Il) : (c,"V) e,Ð : (c.,o¡r"n (.fl : (c,o V) ff).'I'hercfore tL : a*oV ¡ ø.e.ct.

(11) r,er) : ch(lr) : sh(E).
Let I and V be as above.

,Ìs a í.*il'.t ein0(.I) wltich, søtisf,ies (8) and, (9). i?lel

in f1 eplaced by 'I, was obl,ained by f,. AI-,TOMAIìE

1,he s {,a,uer simplex anù E : A(R\
by ea aftine functions on ,11. Oenbú
f.om t Z be a positive linear op"*io.:
(72) supp (¿..l/) c exlf for all r e K.
Let qbe a stricrv con-vex function i, c(_{).trrom [[,8s. 1.rl and coror_Iarv r abov<¡ rorrows trrar ;(r¿iiäi i- ;'K;;;i'iîå,ìiriJ;"" roy v.

. .D:!*Or, 2. Let,C) be an open bounded subset of R,such tÈat O :: int (o)' Denote by ôo the ericridean bound,r¡ oï o. suppose that fo¡
åTJr{"# 

c(ôo) thcrä exisrs ;-;;ìîö'.olurion"ã1 ur" roñà*ing Dirichlcr

(13) L,u- 0 in f), ulle:f,weC(A).
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rea'l-valued continuo*s affine functions on x. Trren (see l,3r nnrl l_g1,,(5.3e)'l) :

St : {"f e C(X): / is a strictly concave function}
Applying Theor.em 2 ne obtain

Conor,r,¿'l¡v 2 ([7, lheorem 3l). If .g is a, strictly aolu)cï .l\r,,ctiotr, ,itt.,
c^t-:).,tlt'et¿' A(r)te] is q, Kot'oaniíi iírtìpoce"fit'.'ä,i"¡ii^t¡ttt oTterrrtrt, rtttu(,Y).

IJ. BAUER, G. TEIIA anct S. pAI,;\_
ase when --I is a compact convex subsct
_16l in the general case .rvith the actctitio_
h.

rnel,ric space ancl -E a linearlv senl,_
) which is a tattice uncler flre äar;rüril

(9) (see i8, pr,o_
e for any l¿r,1;tice_
rvhich sa,l.isfies-
\r'e harrc

t 'L',f
unc_

thcr'

15l.
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l. Iret x be a compact convex subsef oT [ì nol'nlcil rea,l sp:Ùce. Iret
.9 e c(x) ancl let 1l bc tlrc linear.subspace of c(x) spannocl by (D iìn(1 the
,corìl,irìuous affinc ftLnctions on X.

In l,his paper the relationslÌip betu'een tire convexit¡- ploperties
,of g ancl the Roiovkin ploperties of F/ is in-vestigatecl'

2. I'el Y be a cornpact Ilausclorff spàce' { e C(Ye)', ü(,", y) ì 9
for,a,Il n,,rt e Y, n + y. frìt ]3(Y) ì:e the sl.race-of allr_eal-valuetlbounded
fnnctions"on -Y n'ith sûltlernum norm â,nd- Iet T,: C(Y) -' B(y) be a net
.of posil,ive linear oper'âtbrs such that lim ll7d1 - 1lt :0. Let

(1) rr,(Q) : suP { lTuþ (',Y) (a)l: 11 e Yl '

fllnnonrr:ivr 1 (l5l). // lim p,(Ù) : 0, then

,(2) Iim llZoÍ - /ll : 0 for a'Lt' /€ C(v).

3. Let D be a normed real space ancl let ,l be a compact convex sub-
:sel, of E. I'eL e(n): llrll'?. Lel, - To: C(X) + 1l(X) be a net' of positivc
linear opet'¿ùtors such th¿ì,t

(3) T,L:1 and Tult,: /¿ for all i ¿rntl all /¿ e -Ð*lX'
Entrntptle 1. Suppose tinat tr) is an inner-ploduct spâ99 ândlet þ(n,tl) =

- e(n - y). Then rr¡+l : llZ¿ e - ¿ll. MorooYer (see [5]) :

(4) llrJ -,rtl <
,whole o is the modulus of continuit¡'.

It)nample 2. L'eL nott' -l? : R" and' p,(rr r'..rfiu) : #¡' Let I e

€ C(-{) rvith the follorving ploper'1,y :

,{5) thero exist &o¡ &t r. .r &r+1 e 3(lY) and /c e ß, /u } 0 such l,lrat

þ(n, tÐ : u0(ì q (ø) -l' Ë o,@) p¡(n) I ct,,,+r(!l) ) trc(n - y)
j.=1

tor all ü; ll e X, and 
,t

úog t Z a,lpJf- &n+L :0 on -X.
J:L

T. R,AçA I


