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This prrper is concernecr rvil,h the problem orì rincring the ser1, of anPirreto mirrirrn..rn points of ¿r, function In', ßi; : ñ;af;i;;ä o' ir clorna,in .lJgiven b.y

(1) D:{e;e Il|,:G(a,) < 0}
rvhere

(2) G:R,+R1,.
Tlre I'elation_-,rS.7 l¡ctu,een trvri elcrncnt"s ,1J-: (;t)1, ...t ü,,)t !/ :: (th,.. ", !1,,) jr-r I',' rnea,ns thuT, u¡ <_ iln ioi, i :'1, .,.'"., ,, ancl ø ç y. ) ,nL ,ùnC- .t * .U.

suppose.th¿it thc cornporrcnts of the f unc_
atnd G¿, i.: 1,-. . ., ,nùj ir'.'coovex functions

i:i í,i:i' î:í1,Ìå Í*1.1î,ïïlIñ,il";¡ f ïi
(3) mP(F/D) :{øe D:JyeD,I.(y) (lr.(r)},
and, respe.tivel"y, thc set of a[ pareto maximum points of _Ér o' Ð, i.e.
(4) NIP(F/D) : {ue D:1ye þ,I1(n) < t,(y)}

Put also
(5) ll[ : titl ir, ..., i"] - {I,2, ...,1t}
(6) t-{r,2,...,p}\lr
(7) g : (grr ...,'gu), tuh"re g¡: I'r. fot ,í,e ),1 , anù
(8) Ð@a):{reD:l.¿(m) (Zo(ø0), lerV}, Tor tf eÐ.

N6u', rvg can prove :

lnnonnrvr 7. I,he Jottouinç¡ assertior¿s a,re eclu,i,aaleni

(i.) no e mP(F/D)
tû l.g, er'('t'y trcn-I'oid,su.bser' II. o.f {l,2,..., ¡t} it louotos !,hur, *ot ,tp(,i
lD(*o)), urtcre g nn'eL D(no) are ar!íràù,' respectiícLr¡,"nu ùi à,¡i rä¡.' 

r'!rr \1il/

so tlrat, (t¡I,yt)t' 2r,, \-hicl-L iS a contr¿lcliction' In the seconcl- case, i'e' it
(*r,,llt) 6'n7,'tírér'e exists ll t Y such 1'hat

<ir(..¡,., /2) - tlr(,r2, yt¡ ç 4t(,r-, y)r

tlrnt is (:,t, lJ") f rU, *'hiclt .is ,itlrstll'tl'
Cotìsiclel lìofY lt, pzr'lticullll ca'se' Lct

(17) X: IJ'rY:{Ye Il"':u)0}: lì'!
G : fl," _-+ J?,,t, altcl

(1S) (Þ: JJ" X -¿?î + l:l'i 4): (q)i'"', Or) be giYen by

<Þ,(;rr, 37) : Il,(t::) * Y''G(n)

Wc l,ill shol'tha1, irr l,1tis tlit'sc conclit'ion (-4) holcls Tol c\-clJ'pa'il ot

lioin Us (,,'t , llL ) e m zttrtl ('''2. y2) e -il[ '' llrrl, le{ tts l)l'o\'(' be{ut't' :

Tirnonnu 6. lf-¿ hurc M -: {), uhere O ù tleJ'ined bt¡

O:{("',y)e-f x\':tt,' G(r) :0 et¡¿tl G(e')S0}'ye fr}'

Pt'oof . Sttllllose l,hat' l'here erisl's zr' point (f ' U') e iØ:..el' 'Ihcn
('i) tírele "ii.t* 

j suc¡ 1'hat G,(ø2) > 0' or

i¡î,) u'e@)+o tlntl G(r)So -tn the tirst, o¿se, ììi,u"'"iùr" tt ¡> lJ'î ililciug U : Q¡i, " ','!t,, ' ; '' tlL)
tt.,ítiictittc 1lìe 

'frcb thir'l' (rr2'..r72\ e^.M'
Pl'C( t'2) 7ìt, it [ollorvs,Lllrr,L'lr'lC('r9) <
,.,i¡r tlr( .¡:2, !12) < <Þ(;'¿' l/). ln ('onll'lÙ-

tntl (;'!, !1")É[Í' Then' thcle c'rists

t,'üï, I il'i^-":'"' iî';iñ' ii "Íl L'Í
Tnnonrrmî.rlatr'f.ctlltl4)¡tlegiøe.tt,by(1a),a,nd(]lj)'res,pecli-

aclu. 7'lt'en conrli,ti,ott (A) ltuttls ¡u' 'o):"'1¡'pi't'' '¡' )'oiit'Is ( ¿t' '¿l') 
e 'L x )'

,rt,íIç,r",yz)eM:Q.
Prorl. Ìt'or (rrr:,37r¡e--0 ü J'tttittws-G(rt)S0 and yzt'gç*t) :0' so t'hat

ylrG(ntz)<i"6l("r), fôr' alt yt¿ ß'i. Ilut then

Q(n', !JL) < <Þ(r', Y2)'
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Proof.- (¿i)=(i). Follol's inrmeclizr,tol¡' putl,ing ill: {1 ,...,yt}. In
Llris cìtsc À' : O rrntl D(ro) : D.

(i) + (ii). Sr-rpposc that thele exist a, non-r'oitl subsct JI oi {1, . . ., ,p\
and ø0e rnP(tr'/D)\rnP(r9/D(,r0)). llhcn thcre oxist, ø1 e D(,vo) such 1,haÍ
:I'r(g!) 5lr',(r0), fol ir,ll ,[,e tI , rrrtrl thclc cr¡,ists ioe XI srLch tha1, ]''"(nL) I
{ n'¿,(uo). But e:1 is in -D( r;0), i.o. J",(,i,1) ( .l'..(,r,0¡ fol llll 2 e rìr, só that
ln@') ( ?,(ø0) for all r.e {1, ...,p} antl ?¡"(r1) {tr'¡.(no), \r'hich tl1eâììs
that lt(rL) -< /t'(,ro¡, irn]ll¡:irrg ','o 4'rnP(l'/J)), irr uolLi'nc'liciiolr s'itlr 1,lle
choice of ro.

We szl¡. th¿1, thc s.)'stern

J

I
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Conclition ,4 being satisfied b). the s¡,stem (g) in ø0 i1, folloNs thatiú is satisfiecl in ø0 by"1,ire *j,*t",""

{
t

42

(10)

âìL¡l

(11)

P. IACOB

G(r) < 0

1"(ø) 5 l"(øo)

2

G(a,) S 0

i',(a) ( I.,(no),ie M
But, appl¡'ing the' Theorctn 2 for t,hc c¿r,se ? _ It, _1, there exist

),1 e E¡'-1, À > 0 and ¡r1 e ll!n., &t à 0, such thrr,t
,+- I

(e)

r.erifies cottdilictn, A irt no if thcle exists io e {1, . . ., 1)\ such th:l'¡ ljhe s¡rs,trsmg

6(r) < 0

f',(r,) ( It-,(uo), ie {1, ' 
rt¡{i'}

(l3) n! 
l1 vlr'1.r.) -J- v1' v1luo¡ - o, and

P-1?'G(øo) : o

(14)

Appl.ving nûw îheorem 1 if follorvs

nrirr-É',,(a) : Pu(n}),for n in ilrc¡ scl, {a, e R,:G( ø) < 0,
F,(ø) ( tr),(l."}),'e tllj n,hele lf : {t, ...,lt _\}.

The rcstr,iction systent

G(r:) S 0

f',(ø) ( Ito(ro), íe II;
Yelifie's^ the. hypotheses of r(uhn-'rucker trreorem ¡L,ncr ilrercfore therecrist À2 e [l,n.-7, À2 à 0, and &, e R,,, trãà0, SU"l, t¡,il -

(r 5)
tr Ài v-¿,f(øo) t vn,r@o) f v.r, vA(ro):0, andí:t

g21' G(uo¡ : g

Jly aclcling (13) ancl (15) one ol¡tains

J
I

G(ø) < 0

1n,(r) ç lt'¡o(æo)

satisf¡' conclition I clefinecl bellorv.
,4. sysl,em G(n,)lt) 'verifics co¡tdi\icn, ß iff therc erisl,s r e Ì1" su-ch

1"hat G,(n) { û folthosc r.. {1, . ..,,nt} forrvhichG,isnonlinear:ùrìclG,(ã) (
< 0 if G, is affine (sce l)r'zlgomirescu-1\lali.ta [2], conclitiolr 21'on pâ,ge
162). Conditiort B i-q :-r, i'egularit¡' conclition of Slater t¡.pc.

Trrnonnlt 2. -[,et tr, : (Tt, ...,Fr) i fl,, -,+ Il,r' ancl G: (Gr, ...,G,,):
R1t -> IìDL be luo coll,recJ tectot' Juncttott,s tliJJerenliable on, th,a clotn,a,i,n D
de,;fùned bu (l) eur,tl, su,ppo::e tltat system (Ð) rer'ífies cottdi,ti,on, A on a poi,nt
ro e Ð. 'f'h,en, r0 e rnP(lt'/I)) i.l' and ottly if 'there enist the ntu,lti,plicatot's
)'e lit'¡ )' ) 0 atttl p.€ Rn'1 p"20 sttclt, tlt,at

(72) ¡r' yy'r(øo) -l tt"'VÇ(no) : 0

p'd(øo¡ : g

ProoJ'. Thc sufficietncy parl, of thc thcolelrr is knolru, see. i. Ii.uchs
[4,], Tir. 6.3.

Necessity. The proof proceeds by incluction on p.
Fol p : I onc obtains the \\'e11 knot'n I(uhn-rl'ucirer theorem (see

c.B. [3], p. .il9).
Suppose non, l,hat the teorem is true lol p : k - L ÏVil,hout loosing

bhe generalil,-v rvc ian suppose that oondition -4 is satisfied.i,nr0for rlo:/c.
By Tlreorern 1 it follorvs tlnat, n0 e mP(p/Ð(øo)), rvhere

g¡ : il¿¡ for ie M : {1, ...,'lt - 1}, and

Ð(no): {ne D: F¡(ø) < Z¡'(øo)}.

It'here À¿:À1 eJlfr),¡,:tt0r p:V.1 f prà0. Tltetheorern is co
I't,orir 1;hi ûailrs a, suffieiellt cotrrlitiolr fo' r, poi rrt tobe a proper ef definition seò i¡ìi.(o,,ï 

i!:,rl;";,:'{,1;¡';^i,"f,:):},ÍLi,j1,,,it t; iil,,,r,,,li',ítTi,,i',;(9) s i' a in ro, then uo 'is a proper eJJ"ici,tt Troittt Jo, rt an f).

tb^t 
Proof. BJ'Theorem 2 follorvs 1,he exisbence of Àe f11,, 

^) 
0, such

(17) mrn
xeD

)r, Út,(a)

(16) À" Yn,(øoi * V., VG(ro) :0
pr G(uo) : g

(,É
þ: Y À, -t'', l,r.ol

L)
i:1



5 PAETT.ULAR '.ASES oF {DUAL 
'R.BLEMS 

rN pARETo o,pTrÌvrrzATroN .lJ

(iir) thcrc e.rists ye .Y ¡¡cþ thzlt O(no,l0) =( 
(Þ(a0, r7), ir¡pl¡.iug i,1,rÞ(ø0,

370)., again in contradictionrvith ilrehyfoth"sò, íiilr,i (io, 16¡ is'¿ sa¿citepoint for. 
^?'O 

on ,T x Y.

ProoJ. fn 16] ne hâve proverl that
(23) I-l : {1n,.t¡¡e Il," x pt",!; G(r) < A,ErG(n) : D).

lherefore, ir (nt,3/0) is 1lropcl' efficienb r,rren trrcre exist¡ ),8 B),¡
r ) or 

nI '" 
: 1 such that

,.,ïi3., 
).?'(Þ(,t', !t) - ),rÞ(no, uo)

Bulr bJ'(28) ancr the crefinitic;* of o it folro*.s ilr¿-¡t

(24) min À" 1(r) : ),r p(ro)

Taìrirrg inLo accounb l..irz-.Torl ì rccessftr,"\,corrrrif.ioll (scc 13], p. t0t)oììe carr ii.tl y e Rt', f à0, sucìr thai (a0, l) rloi sacltilc p"¡"r, r'ol,trLe t.uc-I'ion\r

t),r Þ(r,A) : ),1'I!(r) -l yî G(a) on_8,, x lJlil a.ocl

l¡' clao¡ : o

flherefole. bv TÌreorem ?_\t:S1lt follows ({, pl) e SA(<Þ/,y x },) auclt ¡' 16j ,rlrcorcrn i, 1,r-r, yl -rf ni¡,1*;
rlefine norv the primar ancr cluar pa,r.cto optii',m ìr:oblems :

Tlr,e prim,ul Tsroblem (P) : Ðetermine thc set me1.l¡.ü;.
![itertl""tøl proltlem (Ð) : Deter.minc thc set ltlp(O7m).

Tìemarlc that Theorem 4_g'ives srLtficienl; conilitions in orcLer ilrai, tìreexisbencc of a sol'tion of prob"rem (p) irnpiy iG';;il;;;àe oi ¿., sorutionof problem (D).

R1. tltøt Il,
'o'tL D (I)1 Iü;.
"ÍJ nB) it;j ,iíut
Tl¿en llrct'e e"cisls y e JÌ,n, ll 20 strcl¿

ProoJ.Ilollorvs from thc Corollary 2 and. Theorem 4.rn orcler to obtain. rrsults co cer.ning trre reverse co*nection be-trveen problems (r) ?td (p) ive sharl stucry-u"-ã pÀ"tìäíi"" cases in *,hichr! c knorv tbc sct rn.

44

,Ilut 1,his relt¡tion is a sufficienl, conclition for a0 to llo ?ù lllropcr
efficicnt poinl, (see Geofrion [5]).

As r¡.as sholrtr by Tu¡- [9] conclition B is sufficient for l,he stabitity
of systems (.1-0) antl (11). I3enson ¿rnd. l\{orin [1] gzrve _another sltfient
cond.ition for proper cfficienc¡' based ¿l,lso orr 1,hc stabilitJ' of a s)'stem
o ineclualities.

By using Theorcm 2 u,e can plo\¡e that if ,Zr' and G ate affine then
errcÌ'Jr eificieni, point is a, propcl efficient poinl,, a t'ell hnovn ploperl,y.

Conor,l¡.nv 2. IJ F, is strict:Ly cott,'De

cleJ'inetl by (l) and In, í:2¡ .'.t?¡
Ílt,utt, cueru 7)areto'ttf itf i,nt'u'ttl, poi,nt n0

t, encegtt'i,tt,g th'e point nt Jor wlt'iclt,

P. IACOB 4

ProoJ. One cir,n sce tha1, systern (9) veÏifies condition.{ in eYer).
point æ07r¿1 and Oorrollart' 1 can b¡' applied.

L,et

(18)
Õ:,TXY---+Il1'
X : Il,Y - ß'L R'i : {ne lL"': ar 2 0}

We sa¡' that (r0, r70) is a Pen'al,o stt'cldl,e Ttoirtt To,- (Þ on 'f x Y if thcre
âr'e no points ue X anc'[ r¡e Y such thal,

O(r, 3t0) ( Q(ø0, y0) a,nc1 (Þ(n0, !J') ç t1r(ø0, 
.r7)

We shali clcnotc this situation b¡. rvritting (ro, !J0) e SA(O/,ll >< Y)
Define nor\¡, iìs in [{ì], the set,s

(1e) nA :L) {@,u). X x Y : tle IIP(o(r,.)/Y, ancl

(20) m : l) {@, y) e ,T x \' ; ne rirP(rÞ(.' tJ)lX).
I'e1'

(2r)

rvhere

(22)

In 1,he follorving the function O will be giveu b¡'

Q,(r, y) - Eo@) i !t'' G(n), i' : 1, ' . .t ?'

X :.R''tY : R'i

I
ì

(i) IJ @0,3/0)€ SA(O/X xY) then t'lt'ere euísts x.4'1,},>-a, sttclt' that
(*o,ilo)'is ci s'ud,d,Le point,for tlte scctlar Junction \rQ on' Xx Y.
(iiiii tlrcre erísts À. fii', À ;. 0r sucli tlta,t (no,!/0\iso, sad'd,le point Jor tlr'e

scalai Jwttctiorr, ¡rrÞ, tlteta (uo,!Jo) e SA(O/X X y)'
ProoJ. By Theorem 4 in [6], foliorvs ø0 e mP(Z/D) ancl thenr ìry

Theorem 7.+.t. ¡n f8l, onc obtains the desired conclusion'
(iri) Supposing (ø0, 

-yo¡e SA(OlX x Y¡, one can arise trvo situal,ions:
(iir) theic exisl,s n e X such that Ô(n, U0) ( O(¿r0' go)

implying ),rb(n, y0) < 7,?'O(fio,Ua), a contrad-iction, or
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Tlrnonl¡r 6. Buppose tltctt \ltc j,olktmin,q crtnclitiotts ltrtltl:(t) (,t,, u). ì\tP(O/Æ) ;(it) (Þ is deJinett by (19) ;

, .-.(tü) n, is strictht conuea untt rti,JJerentiu,blt: ctn, Llte don'lcr,Ìn D tleJirtcrtby (1);
(iø) lt',, i : 2,. . .¡ ?¡ urttl G,, .i : I,. . .¡ ltu ti,t.e r$[irte Ju,ttr.iiott,s;
(u) tlt,erc eni.sts ),e fl,I',, ). ) 0r suclt, tltut

(2e)

(31)

tììil\
(Y, y) e in

max
l.t, ),) eù),

).?' (Þ(rr:, u) : i,1' O(:ìr, t)

'rhen' tlt,erc erisr's att' elent,ent (e,t, !rr) e R" x R,1,, berontti¡t¡¡ to trff.(tÞ llrT¡,
ProoJ.Pú,

(30) m,i,: {(n,!ìe n x _lif : À" yl'(a,) i U, VGlr): O

the proof of rheorem 5 it rvas srrorv. that r à 0 ancl À, ) 0implies m,r.fO ancl ør, czr¿. Therefore ilre'e eii*ts (it, rt¡ã rr, sucrr that
7'?',{)(r^', !/) : ),1' cÞ(¿1, l/1)

BJ. 13l, p. .153, (iii') ii fotlorvs

J

ì

G(ø1) < 0

YL1' G(rt) : g

Ð'I0.1, Thcorc¡n 6 it follorvs 1,h¿1,1,, (rr.,t/1).,1[, o t¡a{, (ar,yr)ee n! a zì.. l3ut.zrpplyllq .l.gl, Lema 1 orrc obi¿iirìr (r,r, yi) 
-S-liir,if, 

*"úi¡¿tncl so (nt,Er) e mP(Q/JLr') [6] Thcor.em 4.
Knowing the form of the sets i,, antl llT 1\.o crìr-r llr.o\.c:
Trrnon,ri¡r 't'. Supptose :

(l) O is tleLinerl by (7Ð);

, .-.(??) I, i.s slt'ictlU cottaen ctrttl tli.JJerentialtle on li¿e tknn,r¿in. I) cteJirtetlbv (7);
(iii) Ilù Ì.- 2, ...¡þt rntil G,, ,i:1, ...tflr ura u!.|ine .t'u,ttct,ions.l['lten,:re nP.(FlD) il.u,nd,9?:!A.ij risus_oltt'¡,iotr, oJ tlte ntt,,t!,i_Ttcn.ayteler

canl)en progratnnû,nr¡ proÍilem (pr,) giaen, by

rnin
ïeI)

þ?r(r) f I ì,.,Fu(n) t )r,Þoj'i:2,...,?

1__. ProoJ. By Corollar¡- 3, if re ¡Ê(þ,lÐ), zir¡i1 a/=rtr, *,here ø1 is gir-cn
r)y

(32) 
l,å n',trl : x,(r,).

bhen there exists I suctr that
(*, ll). SA(ci;/Z?" X Ëî),

P. IACOB

lrrnonnu 5. StLpltosa th,at tlte fcttl'ozoittg cort'ditit¡ns lrcIcl:

(i) 4:¡ is clelìnecl by (21);
( ¿ ¿) m, is cleJ inetl lty ( 20 ) ;

(i¿¿) -É.1 is strictl'tl colt,D(t) ancl cliJJereutíctlilc on, lhe tlotnetitt. D rI,eJinac[

by (l) ; atttl
(ia) tr',,i:2¡,..,p tLncl G, i-7,...,, 111 (Lre aJline'Ít¿ttclìotts'

64f\

Tlten,

Denoting

Xr: t7

clne obtains :

,,r:l{r,,y¡e ll'x/tll:.É n,o. It,(n)ly1V. G(rr):0, À,= o,å 
^,:t}[ ,-r

(25)

Proo.f. Denote by co the Ìigh1, rnernboÌ ot equalit¡'(2ll)' It (*,'y)e 1¡¡

thcn, b¡' the tletinition of m, ne rnP(O(., A)lI¿).
B)' Theolc',m 1

min (lr"(ø) i y'' G(n)): /'(t) 4- y'' G(u),
rel

l'herc A is 1,hc set clf solutions of the follotving system of iuetlualities :

(26) 1",(r) * U'G(n) 
= 

It'i(t) * U'' G(r),i:2t '.'¡?
The s¡.stem (26) satisfies contlition B so that, ìry I(uhn-lucher

theoÌerr, follo'rvs the 
.existcnce 

of a À € 112-1' À à 0, such tba't

(27) vi''(a;) I v'' vG(n) + i ^'(v/¡i(r) 
I v'' vl(n)) : 0

(28) x
i:t

þ

T., yP,(n) 1- y' vG(n) : û' E
¿:1

so thal, lñ- a.
In orclcr to proye the revelse incluSion oL¡Selt'e tirat for evely )t e Rt'¡

'ì, à 0, )., ) 0, by the stricl, convexity of ltr' the $ct

t. f 
-t,i I ^,\ t ^,T x-(f( ^\ - ,,ì]{r,u)e R' x n,* : E l. vI",(ø) ), y'vG(n) - tr¡

I ir )

is non-r,oirl. Ilut then, 1,he fu.nction É n, t, is rilso stlictly colcrr, for

À ) 0, )., >' 0. Therefolc, ¿r,ll oll thJ:itrnplicetions from the tlirst part of
thã proof can be rcversed, giving oÇf¡a. The theorem is provecl.

(t * þ,n,) = o, x, : À,i( -,-,å n,), o :2t ...¡F¡

þ f,¿:1, f,, ) o
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PIIìCE\VISE LI\TDAR FUI{CII]IONS IN R3

r\/.,tN r'IEstio
(N,Iali bor')

Altstract. rn this plper Íìn explession of piecervise rinea,r continlousfunction of thrce r.ariar¡rôs using t-he ,ero-one valiables subject 1,o adcli_tioira,l constraints is given.

1. rnt'od.ction. Because of tÌre fast cì.er.elopment of the integer
ing¡_ computationa,l technics ¡f I íhc

13l ancl more variables can Ì¡e üseful

åå',, ii: -ì: ?lï:'öii 
""q 

h'iàî +î î""",ì:'å:

, Let J(n', .,/) be a continuous function of two variabres ancr ret theva,Iucs

iÍ t¡ : f (a¡, 
?l ), r : ç, 1,..., ,ut,, j - 0,I,...,,m

ï¿:úoiql...+ a¡ i,:0, 1,...1tn.) a,.,)t, i:Ir...,,px
ll ¡:bo + ó1 + ... + b,, j:0, 1,.. .,n,, b¡)> 0, j:7,...,fr

be l<norvn. ft can be shown f4] that the function
,,

g(u, E) : I. I ((au-r¡-r- a¿-r¡) J,-r,-r l U,¡-r-Í,_r¡_1) u,¡ ¡i:l j:I

I (J,i -Í,-r) n'o¡ t ffo-r,-Ju-r¡-) yo¡

subject to
u-l 1tu ,t

fr : \', a¿u¡ -l \ \ cr,¿(r* I si¡)
i:0 i:l j:r

1n.-1tt-1 nt ,,

s: I X b¡u,¡l\\b,yo,
¡:u J:u i:l j:l

'li¿ -'\tr¡+t: 'D¿o¡ i : 0tIr.. ., nt, -IrUo : I, U* : 0

D¿i -Dtj+t20, a¡n:D¡rj:0, i:0, 1,...)tn _- 1, j:0, 1,..,rn _I
nit I ni t tl,¡!2(ou-tt-, -rt_t), i, : 7,...¡ffit j : 1,...) n

4-c,217G
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so tlr:r,t (n, !l), -nt, ì ll[ f helefolc

À, y?,(r) * y' VG(u):0E
(33)

G(ø) < 0

y1' G(n) : a

onc can see t'h¿t'l' the s¡rslsn (33) has ¿u1 as solution for À' : It
i:2¡...,p. Cons"li*"tiv, iiaè mÈ(¡'lD) then ? it,qsoluf ion of (33)

ivhic,fr 
^."'..,h* 

that ii is alió a sol¡tion of the plobìem (P,.). \rorv suppose

that n is solution of (33).

Iìy Theorems 6 ancl 4 in [6], D rvill be au element of the set rnP(lrr/n)'
The theorem is Provecl.

ilhistheorc,,rnisirnporl,antbecauseitmakespossiìrletofinclall
uoirts of Lhc set rnili¡'-/ölulì"tt Ì'f is quar¡'a¡ic :i'nc[ posif ivcì¡' clef irrccl

ä,rrtl rtll oI tlrc otllel fúnclions al'c affinc'

ììEIJEIì]]NCDS
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