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îIlEOlìIlM 4. IÍ S is a contpact Hu'usd,orff space ond, a,eC(S) Jor
all n e X, trlten (2), (3) u,nd'

(8) Ihere en'tsts a Ttrobubilil,u ll.a'dott, nle(,sL;re p ott B sttch, Iltat b(n) -
: 

to,(s)ae(s) 
for ç¡ll n e X a,re equ,i,ualent.

s

ProoJ. (3) =+ (2). See 'I'heorem 1.
(2) * (g)."llhe positive linea,r functional p-on /l(s) e.iven by 'Iheolern 3'

Èaîisfi"s'p(L):-tt(u,o) - b(øo) :1. Ffgnce thc lcstriction of p 1,o C(S) can
bc identifierl rvith a probrr,bility llatlon meâsul'e on S.

(8) + (3). LeL n e -X bc a solul,ion of S'r. llhen b(ø) <.0 ancl ø'(ar) > 0t
tt"îco,u"(s) >'0forallse iS. Itfollorvs ThaLnt': :uùn {'u"(s) :seS} >0.

I

Tlrcn b(ø) :\'u"(s)rlp(s) > nt, ¡0, rvhich conl,radicts b(ø) < 0.
l
s

}ìXAMI'LII 4. (see also |-1]). Itel øn e J-*i bc such thai;
(i) Ìlor all neX l,hcre cxisl,s ø*(r) :Iim a',,(n)e [p, antl
(i) thcrre cxjsts noe X I'it,h n',,(ro) : 1, tt ==lr 2) '..

,Ihen a_ e Ïtl ,l,ei; s : tN u { *} bc the Alexanclrov on_e-point com-
pactifical,ion*of the discrete spâce hl: It is easy to verif5' l,hal, o, e C(S)
for all neX..

T'et" b c xlt be suclr 1,h¿r,1, b(rru) := 1.. ll'torn Thcorcm l and- 'Iheorem
4 i1, follorvs tha1, (1)--(5) ancl (8) ar;e er¡rivalent. 'llhis means thnt l,he fol-
lorving statcrnertls are cr¡rivalonl, :

(1') b(r) ç sup{ø,,(ø) : n, e;V) for all u e X
(2') b(n) > 0 for all u e X u'ith. a,,(n) 2 O, tr, =- I,2, ..'
(3') b(r) >0tol allneX s'ith a,,'(n) )0,n -'l-,2,... zlucl 

,lim 
a'*(r)>A'

(4') for cacr øe -2i 1,hcrc oxisl,s se ì[u{co} srreh t'hat b(r) < a'(n)"

(5') for onc:n ne x theÏc cxists ¡uäeconvlûs:selNu{oo}} such thal,
b(n) : n+t(s).

(8') there al'e cæ¡ c!¡ cz¡ >-. !, .c* * cr -l- c2 1..... * 1, 1t-lch that'
l.¡(ø) =- c- lim o)(*i l- <:,c¿r(tt:) -l crar(n) + . . . for a'll r e X'

,¡ +æ
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Ltcl, x be a cornpãct, conyex sutrsel, o! a locatlJ' convex llausdolfÌ
Spâce or¡eÌ -8. Iìor each'¿u e ,Y, let ¡,,,, be a plobability Raclon meâsule on if:
näì,iog r as barycen¡er, ,lr€t pc., I Ir,8 . . . A ¡.r-,, the nulnbcr of factols,
'being ra

l'orøeX, n, )1ancl /e C(-{) Ic1,

B^!(n): i I (ta;-t)ctu.',,, (t,, . . .,t,)

xn

7),, ate 13"¡nsfein-schnabl type opeÌators (,sec_[2]). The classical

"p."oioi* 
of llcrnstein, the opcratöirs J3,Â Trorn. llsf.B,',,) B;f,,, from [12]

1i,,,,* antl l/,, floûr [6, Secl,. 3] can be obtainecl in this l'ay'
Âs a e¡nseqlence of Thcorcm 2 in l2l rlc h^a,,19.

(1) l,,rïj l),[(u) :,' ¡1n¡ un,i,fonnl,y on X, for ull J e C(X)'

lret/ e C(X) be 
^ 

cotwe$ function, n 7 l' allcl " 
e X; t'hen

(2) B,,t@) > Í(u)
¡21 tl,¡1n7 : J'(r) iJJ f is affi,ne orz cl(corrv(supp ¡r"))'
(See [e], (16) and (-17)).

the a,inr of llüs note is to plove lhe follorving

TIIEORIìIU Il i e C(X) is ct conaeu Ju,nct'íotu, tlrcta

(4) B,,J@) 2 B^nr/(ù for all n e X att'd' ctll +a 2 \'
Iror oilrcr types of gcncralizccl ernstcin operators such_ in_equalities'

Irar," bnén stucliecl in 11l, i4l, [6], [10.l, [11], [13]. Converse resull,shaYe l¡een

ol¡ta,incel irr [3], f5l' [7.l' []'41.

I'roof o! th'e '1'lt'ectretn. T-ot: (lr, . . ., f,rr) e J"+1 
^neli e t, l, " . .t 11, l- 1 ] lct' rr-s rvlil,e

- l lttt \
t¡ __: 

l,Ð, u _,,J



rl ò(l

Then s'e h¿r,vc

ß"J'@) - ßu._r.[(a):
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ta çirttlui polinocn,telor de interpolare ale lu'o:tinttit íi f uttciiilor, Sturlii si C".'."i¡lli al,;M;i
Iized f:jol¡nntrlhtouliin llrcorent, J. nhth. Anal.
onue:t: Ittnclions, ]IathonaLica (Cìuj), l0(1g6g).

citt,,poll¡notnials for tlisco¡t,i^Lrot¿s cLnd conuet. _ 1U;J.

,¡ttortirds of cr conuer fu,cliott, X,Iat'cr¡atica
t, posiLittc operalot.s (IIl), Anaì. Numér.. Théor..

^l.tdyttörtrs 
¡/¿ S. ÀI. ßcrnslríp rÌ,rttta fottclion()2.

ot,e oilittc tuttl Iiorouliin closut,cs, Âlal. Nuruór,.
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opcrulors !tettrrnlrrl blJ l.d)(slttrc-

ssSR...Scr'. J\lat.., 47(198:J),- 4J5_ 4i4.
{Ll'{ì,,,,r, 

littrut 6ll¡¡u¡çts y¡enrrntul blJ

cI getrcnlizecl conuerillJ, J. App¡ox. 1.heo¡yr,
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['.'t- - I f,*r ìj i1t¡1r,n1,1([1,, . . ., fr*r)]L -l- |

Èfeircc, fcrl nä J = C(,ti'¡,
(¡l) Iì,j(t) -- D,,r,j(,t) -

J \rt t 'i- '..f([,,.,)¡ -{ i\
it t'^ ì- d¿.1.r

I
J¡1

,¿ 'j- 1 11 1-l
, L1.¡L.,.r rr(!,, . .,, t,,.r,.ì

,roortl,/i"Î{;T}r: 
coìrr'rr\ it f.rlorrr: i;ttt,t; í",,.f(:':) - 8,,*r¡(a) >û a'd {,iie

J:Ì rrìùtArìK r ' ¡\n.11rei' ¡.oorì or" 
"f,rri;i 

Lr.;.cl.o¡Lrr sirLri'al to glat ofil)lrr'o1'¡¡¡' 2 iu ¡rjil,crLrr iir,. 1';'']', : ii, ,¡,f, i'i"r,,; i;, 
-,',ì,:,,',ì 

,.'ì,"'{]i,îr, /_i,, r:¡¡.Lisfi¡,sa lr'triirrrr irirrril:ür, i,rr (g) iii ¡ f;li

i'' rn,T:J1il.ft,i;'1""ï,,],illl,l"l;ï;,,\ti:j, ir" i1l :L,rrr irre simir¿r,r' o,ìos siy€n

r,,/:: r?fl"t;:,|,|;)';ì¿t¡',1,,,,1í:',.{.,',f;!,,,iu!,,,,,,,.,,!., 
,o,,r,:u uitcrion u,nd, tet .¿ e x.

(i) / is ctf [inc o¿ c1(corrr,(oup1, ,..j,- 
""

(ii) y,,(,f) -..|kÒ
(1.i1) L"lþ) - Li,.,tí(n) ¡ t. t,i,i n, > .[.(tr) /o| ulL n > I cnt,il a,ll (tr, ,..',t,*r) e (rsupp p.,),,tl,

t(-l + j r -i ú,r,,, -l :.1(r-)--l- -. -l I(t,*,) ."t n-lL )- ttl_',

Iìcceived 1,XII.1g8Z
I nslilultLl polite hnic
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.l't'oof. fi) ê /ii). îhi¡r i¡ llliLcor,cro .L il lB .(ii) ê (iii)' u''ó 1i; iría,ìã't"ri",riri,,r''å1,.,r",,o.,.ce of (2) a.cr (4) :

v,,(l) :- ßrJ@) Þ i]ri'(r) > .. .

ËtìffÍitl,,,lr.tttttttes r'o a3rpll' (5) arrcl 1,ire ec¿.alty su'p (r,.*,o*t):


