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Abstraet, In {his Paper we shall point oul a new refinenient-of Jensen’s discerele incguality.
Certain applicalions in connection with some well-known results are also given.

In the recent paper [3], the first author establislied the following
refinement of Jensen’s inequality :
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n
and P, : — NP> 0l
Bz 1

In this Note, we shall improve the “right’” bart of (1) as in the
following. Certain applications arve also given,

THEORLM. Let f: 1 — R and Py Pi (0= 1,...,0) be as above. Phon
one has the inequalities - .
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Proof. Let @, €T, p, > 0 so that P, >0 and consider the mapping
G901 — R given by
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Since f is convex on 1, for all Ay Ay > Owith 2, -2, =1 we have:
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for all 4, ¢, in [0,1], i.e., ¢ is (blb()p.(.)_m ex on [0,1° =yl N
-Apf)lying Hadamard’s inequalities for the convex mapping ¢ (see

eg. [4]), we get :
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a is finished. 1

N t};‘ig)rg;sfemogn(lz(yégfe functions goes _.1ikew'ise and we omit it. LN
Now, we shall give some applications in connection to certain

well-known inequalities in Mathematical Analysis. " ‘
Applications. 1. Let Ty P = 0, P_ﬂ >0, 1 :_.1,_. . "ﬂf' .ihen the

following refinement of arithmetic-geometric inequality is valid :
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The proot is obvious from the above theorem for the convex map-
pring fle) = —1n @, 2 > 0. _ 4 r g
=g fg( )Let @ e_-[R: P: 2 0 with P, >0 and p > 1. Then we have:
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The proof follows by the above theorem for the convex mapping

f:R =R, fla): = | (p > 1).
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3. The following vefinement of the

famous mequality due to Ky
Fan (see [2, p. 5]) is also valid :
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where 2, e (0, 1 /2] and the equality holds in al] inequalities iff ) = .. W

. The proof follows from the above theorem for
I (0, 1/2] > R, f(#) = — n (2/(1L — a)).

4. In paper [1], H. Alzer has obtained the following
Ky Faw’s inequality :
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where x,; e (0, 1), i =1,...,n. The equality holds in the above inequality
it @, = .. = . By i.he_ use of the above theorem for the convex map-
ping f(#) = In (@/(1 — w)*, ae (0, 1), we have the refinement ;
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With equality in all Inequalities iff Ty = ... = g,
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