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1
co((i'")7.1r,...,,,1 )(ro), \\'e llst'u ,tl < anrl hcncc ^í,(,r'o)

2
(,1 c, {7, . . ., n,} ) lrclonE;s 1o 1.ho closcrl ball jlt IRo of t:erlter g(r'0) an<l r'a-
rlirlr s. lLrhcn 4,, s¿li,isfics conditiott (1.2:l). ñ

.L'illnll¡r 11,p eþ¡rç1'1,1¡ 1.ìra,1 lian¡'exarnples of su.brrets ['o1' 'l(,11, [R)
sa,tis[r'ine conrlit,jon (1.29) alc l'cll-linon'n, .'ìncl flom thcrrn \r'e câtt obtain
rn?ùu)r 1'1¡1'1'p.spoirrìiny,^ c-rrrrnpl<rs of suJrscts I',, of g(X1tl") ttefinotl as itt
(1.30) ri'hich alc I(ulor-hin scl.s irt G(f , [R"). ]Ioler)r'cr, if \ve corìsid{'r i',

srrlrsct l' ol (6(.\-, R) s¿ttisf i.jng (1 .29) a,lrcl c'otrsisl.ing <-rl p {)lcmclll-(, lllc
t'rrlles¡rrrrrrlini¡ t(olovkin se1 7-,, i'n (6(.Y, [R") colìsistsexil(]11¡'of'ltuclenri:ttis ;

in l¡¿ltii<,ullr,r', i[ ,\ j¡i llte cornpact ]'eftl jnl,er'\¡a.l [0, 11, u'e catt colrsìtJcrt'iltrr
rrri nirrrrrLrr nunrbt-¡r' p = :i ¿lrtl obl,ailr tì I¡'ortlr-liiit st'f ilt (g(À',lR') ('{)-(lsist.-

iIrg of iirr, elernt:rrts.
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\\'lìêrc Í': f '- fR -' lR. is ¿ì, con'c\ (concâve) rnappi'g' ()tr I) n¿ ¿r.,e i' /totlt 
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ale norìneQ'¿tit'c¡ trurnb,,rs þ.- an i;rter'"r1,r i. n, ,.: 1, ...,1t)
trnd I?, : : ): p, > O.
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I¡r this Nol,e, rve shaÌr irrrpr'.o'e. rhe rrright,,pa't,ï (t) as ilr 1,rr'l'ttlìou'ine. Ocrtain applications a^r,t¡ also q.iverr.
lllr¡¡iou'lr. Let f.:1 _, [R un., n,, ¡t, (i _ ll ,...,tt) bt: rts rtbr.n:.. ,.,_rÌ,t.,,
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for a,[l t1, t, in f0,I j, i.e.,
Ap plying I{aclarnarcl'

c.g. [4 ]), u'e get :
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'P¡ l@t) '
¿¡ncl the proof is finislrrrcl.

l'he case of cr¡nca,r'e frrncl,ions goos lirre'ise ¿l'cl rve ornil, it.
., .Nn*', rve shall give _some ap¡rïicatioüÀ iü ãã""å"ìio,, io óerainu'elll<rrorvn ineq ualiticÀ in lf ath ernat'ìäa,l Ànafysis.

Apltlications. 
.1.^ Itej,.- nr, p, Þ 0, po)02 i,: I,...,q,. T¡en thefollorving lefinernent ot ariflunilí.-¡¡oui"ot"iä,ineiluatit¡i'is .r'alid:

| il f ,, , / ui .t- n¡-ì rrrri l,/nl _r%Ð,Pn¡2t$,IIt , J I '
"'u lu.l,I,,r*, 1 (1 - t) u,)ut,¡f,''r ur, (g *r,)''

. 'llt,s p'oof is obr.ious frorn úhe abo*e l,heor,er' for the oorv€-{ *râp-
¡ring /'(a) : - ln a¡ n )> 0.

2.LøL ø¡e[R¡,])¿] 0rviilr.Zro)0 and p>I..l.]ren rve h¿lve:
''¡ tþ ,, l&, :_n,lþ
lÐp,r,l < _¿,li '), ), .p,p,l*, | *., 
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'l.he proof foliowg- b¡. ttre abo'e theor,o. for the convex 

'ralrping/: [R -* lR, l@), =: lül', 0) > 1).
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