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and so Ex(blz): 0, â contradiction with the unifonn convexify of X, t:
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The extrapolation theory, elaborated by the author, mainly in collaboration with B. Jawerth
(see Bjöm Jawertb and Ma¡io Mihnan, Extrapolation Theory rvith Applications, Mernoirs Amer.
Math. Soc. vol. 440 (1991) is coricemed with aproblem which is sourehol converse ro the interpo-
lation problem.

Tlre basic notion of iulerpolation theory is that of Banach couple, whicb means apair A :
(Ao, A ) of Banach spaces enrbeded in a Hausdorff topological vector space 1L Let A (A ) = Aol A,

and D (A-) : Ao + A, equipped with the norms ll'll^ = 'nax{ll'll,:i = o,r} and

ll'll, = inf {ll'.lL, *ll¿ llr, '' = xo #x7, x, eA¡, t =0,1} , respectively. An intennediate

space is aBanach spaceA suchtlratÁ(7 )-+-,i-+ X(l ). The spacesl andB a¡ecaiied interpolation

spaceswithrespecttothecouples Á:(Ao,A) and B- = (Bo,B)if r: A -+ B implies T:A-+8.
If moreove¡ ll, llr." , 'o"* (ll r llr. ,o , ll , llr,.",) tben A, B are caled exact interpotation spaces. An
interpolation rnethod is a functor ,l? defined on the category of Banach couples and linea¡ bounded

operators benvecn tlrem, such rhat F(A ), F(E) are iuteqpolation spaces for A , E and F(D = T for

all T: 7 -+ ,B . The interpolation method is called exact if it yields exact interpolation spaces. A good
reference for the interpolation theory, both classical and abstract, is Yu. A, Brudnyi and N. ya,
Krugljak, Interpolation Functors aud Interpolation Spaces, vol. I, North-Holland Math. Library vol.
4:7,718 pp., Anrsterdam New York, Oxford. Tokyo, 1991.

The extrapolation theory is dealing rvith the converse problem: Given a faurily of interpola-
tion spaces reconstructthe originating pair. In this fonnulation, the problem is directly related to best
possible interpolation theorelns and in some sense, it could be considered as a chapter of interpola-
tion theory of infinitely many spaces. The precise connection betleen these theo¡ies is a¡ open
problem.

The book is dealing also rvith weaker fonnulations of the problem, such as the extrapolation
ofthe continuity ofan operator l"or the extrapolation ofinequalities for its nonn, usually based oti
the basic fuuctionals K and J.

More exactly, let {Ar:0 e @} be a family of Banach spaces indexed by some fixed index set
@ (usually @ : (0,1). These families of Ba¡rach spaces are strongly compatible in the seuse that there
are two Banach spaces Á and Ð (depending on the family Øu)) such that L c ArcL,O e @. If ft.)
and {8.} are two families of shongly compatible Banach spaces, a, c ArcE", auc Brcl,o, a natu¡al
morphism is a bounded linear operator T : {Ar) + {8.}, i.e. T : ), -+ E, is an operator whose
reshictions to l, maps l. into B, with nonn I l, 0 e @.
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The l¡ook is divided into ten chapters:
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